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Here, p = 3, we are in the case (ii) of Proposition 1, and O = light-left.

The pictograph above summarizes the definitions of M and M̃. The red ±1 on the
right shows the increase or decrease of the degree of the face in M̃ in comparison with
the one of the corresponding face in M. In order to avoid confusion, we denote the first
and second faces of maps in M by f1 and f2 as before, and use f̃1 and f̃2 instead, for
maps in M̃. The paths symbolize the fact that the edges are leaving the corners.

Remark 1. Note that the convention on the orientation of edges is not the same in the
definitions of the sets M and M̃. This clearly bears no effects from an enumeration
point of view but is of crucial importance for our bijections.

Corollary 5. The mapping Φ specializes into a bijection from {(O, m, c, e) : (m, c, e) ∈ M}
onto {(Õ, m̃, c̃, ẽ) : (m̃, c̃, ẽ) ∈ M̃}, thus providing a bijection between M and M̃.

3.3 Face of degree one

We proceed to the bijective interpretation for the identity (1.3) of Proposition 2, which
works in a similar fashion as before.

Setting. Let a = (1, a2, . . . , ar) and ã = (ã2, . . . , ãr) := (a2 + 1, a3, . . . , ar) be tuples of
positive integers, both with at most two coordinates not lying in pN. In order not to
be confused by the index shift in ã2, we denote the faces of p-hypermaps of type ã

by f̃2, . . . , f̃r. In particular, p-hypermaps of type ã are either p-constellations, or are
quasi-p-constellations whose face f̃2 (the one with degree ã2) is flawed. We fix an orien-
tation O and define the following sets, whose cardinalities are the sides of (1.3), again by
Proposition 3 for the right-hand side.

• We let N be the set of p-hypermaps
of type a carrying

– one distinguished corner c in
the face f2.

• We let Ñ be the set of p-hypermaps of
type ã carrying

– one distinguished vertex ṽ,

– one distinguished edge ẽ incident
to f̃2 and leaving ṽ for Õ.


