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Figure 7: The involution Φ : H → H. Only the orientation around the faces of interest
and along γ are depicted. Top left. The input. Top right. We changed the orientation
and defined the sliding path γ. Bottom left. We slit along the path. The dashed lines
indicate to sew back after sliding. Bottom right. The output.

Specialization. We now see how Φ specializes into a bijection interpreting (1.2). We let

a = (a1, . . . , ar) and ã = (ã1, . . . , ãr) := (a1 − 1, a2 + 1, a3, . . . , ar)

be as in the statement of Proposition 1. Note that this means that p-hypermaps of type a

are either p-constellations or quasi-p-constellations whose first face is flawed. Similarly,
p-hypermaps of type ã are either p-constellations or quasi-p-constellations whose second

face is flawed.
We fix an orientation O and define the following sets, whose cardinalities are respec-

tively the left-hand side and the right-hand side of (1.2), by Proposition 3 (recall also the
convention at the begining of Section 2 for distinguishing corners).

• We let M be the set of p-hypermaps
of type a carrying

– one distinguished corner c in
the second face,

– one distinguished edge e inci-
dent to the first face and leav-
ing c+, for the orientation O.

• We let M̃ be the set of p-hypermaps of
type ã carrying

– one distinguished corner c̃ in the
first face,

– one distinguished edge ẽ incident
to the second face and leaving c̃+,
for Õ.


